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HMEƕƋƗƍάƑ ƎƆƍ ƉƗƔƉƕƍƑάƑ ƉƔƆƈƈƉƏƐƆƘƍƎάƑ ƏƙƎƉƍάƑ 
(ƓƐƆεƆ A΄) 

ƎƆƍ ƐƆƌƋƐƆƘάƑ ƉƍεƍƎƓƘƋƘƆƗ 
ƉƔƆƈƈƉƏƐƆƘƍƎάƑ  ƏƙƎƉƍάƑ  (ƓƐƆεƆ Ƈ΄) 

ƔƉƐƔƘƋ 23 ƐƆΪƓƙ 2013 
ƉƒƉƘƆƊƓƐƉƑƓ  ƐƆƌƋƐƆ : ƐƆƌƋƐƆƘƍƎƆ ƍ 

ƋƐƉƕƋƗƍƆ   
ƗƙƑƓƏƓ  ƗƉƏƍεάƑ :  ƔƉƑƘƉ  (5) 

ƌƉƐƆ Ɔ  

Ɔ1. ΈƴƵƺ ƴƶƯƨƸơƳ ƴƶƯƟƲƵƪƴƪ f :[ , ]α β →  Σƨ πƤƲƟƦƱƶƴƤ  

ƴƶƯƟƲƵƪƴƪ F. ƘƬ ƱƯƱΣƟƩƨƵƤƬ  ƱƲƬƴΣƠƯƱ  ƱƮƱƭƮơƲƺΣƤ ƵƪƳ 
ƴƶƯƟƲƵƪƴƪƳ f Ƥπƽ ƵƱ Ƥ ƠƺƳ ƵƱ ƥ ;  
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Ɔ2. ƑƤ ƸƤƲƤƭƵƪƲƢƴƨƵƨ  ƵƬƳ πƲƱƵƟƴƨƬƳ πƱƶ ƤƭƱƮƱƶƫƱƾƯ ,  
ƦƲƟƷƱƯƵƤƳ  ƴƵƱ ƵƨƵƲƟƧƬƽ ƴƤƳ , ƧƢπƮƤ ƴƵƱ ƦƲƟΣΣƤ  πƱƶ 
ƤƯƵƬƴƵƱƬƸƨƢ  ƴƨ ƭƟƫƨ πƲƽƵƤƴƪ , Ƶƪ ƮƠưƪ ƗƺƴƵό , ƤƯ ƪ 
πƲƽƵƤƴƪ ƨƢƯƤƬ ƴƺƴƵơ ơ Ƶƪ ƮƠưƪ ƏƟƫοƳ, ƤƯ ƪ πƲƽƵƤƴƪ 
ƨƢƯƤƬ ƮƤƯƫƤƴΣƠƯƪ .  

Ƥ) ΕƟƯ ƪ ƵƬΣơ ƵƱƶ ƴƶƯƵƨƮƨƴƵơ  ΣƨƵƤƥƮƪƵƽƵƪƵƤƳ ƨƢƯƤƬ  
ƭƟƵƺ ƵƱƶ 10%, Ʊ πƮƪƫƶƴΣƽƳ ƵƱƶ ƧƨƢƦΣƤƵƱƳ  
ƫƨƺƲƨƢƵƤƬ  ƱΣƱƬƱƦƨƯơƳ .  

(ƐƱƯ .  2) 

ƥ) ΕƟƯ ƱƬ ƴƶƯƤƲƵơƴƨƬƳ  ƨƢƯƤƬ πƤƲƤƦƺƦƢƴƬΣƨƳ  

ƴƵƱ πƨƧƢƱ ƱƲƬƴΣƱƾ ƵƱƶƳ , Σƨ g(x)Λ0, ƵƽƵƨ ƬƴƸƾƨƬ :  
f , g:A →

2

'' 'f f (x) g(x) f (x)g (x)
(x)

g g (x)

⎛ ⎞ ⋅ −=⎜ ⎟⎝ ⎠ . 

(ƐƱƯ .  2) 

Ʀ) ΕƟƯ ΣƬƤ ƴƶƯƟƲƵƪƴƪ f ƧƨƯ ƨƢƯƤƬ ƴƶƯƨƸơƳ ƴƨ ƠƯƤ 
ƴƪΣƨƢƱ x0  ƵƱƶ πƨƧƢƱƶ ƱƲƬƴΣƱƾ ƵƪƳ , ƵƽƵƨ ƨƢƯƤƬ 
πƤƲƤƦƺƦƢƴƬΣƪ  ƴƵƱ x0 .  

(ƐƱƯ .  2) 
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Ƨ) ƍƴƸƾƨƬ  ƽƵƬ :  
1 1x e ee dx
1 1

 

 

β+β α+
α = −β+ α+∫  Σƨ 1α ≠ −  ƭƤƬ . 1β ≠ −

(ƐƱƯ .  2) 

ƨ)  εƢƯƱƯƵƤƬ  ƱƬ ƴƶƯƤƲƵơƴƨƬƳ f,g ƴƶƯƨƸƨƢƳ ƴƵƱ [Ƥ ,ƥ]. ΑƯ 

f(x)Ρg(x) ƦƬƤ ƭƟƫƨ x [ , ]∈ α β , ƵƽƵƨ f (x) dx g(x) dx
 

  
  

β β
α α≥∫ ∫ .  

(ƐƱƯ .  2) 
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Ɔ3. ƑƤ ΣƨƵƤƷƠƲƨƵƨ ƴƵƱ ƵƨƵƲƟƧƬƽ ƴƤƳ ƵƬƳ πƤƲƤƭƟƵƺ  
ƬƴƽƵƪƵƨƳ ƭƤƬ ƯƤ ƵƬƳ ƴƶΣπƮƪƲƿƴƨƵƨ :  

Ƥ) ... x dx
 

 
  

β
αημ =∫

(ƐƱƯ .  3) 

ƥ) ΑƯ ƪ ƴƶƯƟƲƵƪƴƪ  f ƨƢƯƤƬ πƤƲƤƦƺƦƢƴƬΣƪ  ƴƵƱ  ƭƤƬ c 
ΣƢƤ ƴƵƤƫƨƲƟ , ƵƽƵƨ :  

 (c⋅f)΄(x)= ... 
(ƐƱƯ .  3) 

Ʀ) ΑƯ  ƭƤƬ x , ƵƽƵƨ :  α *∈ 0>
(xƤ)΄= ... 

(ƐƱƯ .  3) 
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ƌƉƐƆ B 

εƢƯƨƵƤƬ ƪ ƴƶƯƟƲƵƪƴƪ f :(0, )+∞ →  Σƨ ƵƾπƱ :  

2

2

x ln x , 0 x 1

f (x)
x x , x 1
x 3 2

         

 

⎧ α + αν < ≤ και α∈⎪⎪= ⎨ −⎪ αν >⎪ + −⎩
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Ƈ1. ƑƤ ƥƲƨƢƵƨ ƵƱ f(x). 
x 1
lim

-→
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Ƈ2. ƑƤ ƧƨƢưƨƵƨ ƽƵƬ 
x 1
lim +→ f(x)=4. 
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Ƈ3. ƑƤ ƥƲƨƢƵƨ ƦƬƤ πƱƬƨƳ ƵƬΣƠƳ ƵƱƶ α∈  ƪ ƴƶƯƟƲƵƪƴƪ f ƨƢƯƤƬ 
ƴƶƯƨƸơƳ ƴƵƱ x0=1. 
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ƌƉƐƆ ƈ 
 

ƗƵƱƯ πƤƲƤƭƟƵƺ πƢƯƤƭƤ πƤƲƱƶƴƬƟƩƱƯƵƤƬ ƱƬ ΣƬƴƫƱƢ ƵƺƯ 
ƶπƤƮƮơƮƺƯ ΣƢƤƳ ƨƵƤƬƲƨƢƤƳ (ƴƨ ƨƭƤƵƱƯƵƟƧƨƳ ₠): 
 

ƐƬƴƫƽƳ 
(ƨƭƤƵƱƯƵƟƧƨƳ €) 

xi

ƗƶƸƯƽƵƪƵƤ  
(ƤƲƬƫΣƽƳ ƶπƤƮƮơƮƺƯ) 

Ưi

ƗƸƨƵƬƭơ 
ƴƶƸƯƽƵƪƵƤ

fi%  

 
xiƯi

6 25   
10 17   
15 6   
20 2   

ƗƾƯƱƮƤ Ư=... 100  

 

ƈ1. ƑƤ ΣƨƵƤƷƠƲƨƵƨ ƴƵƱ ƵƨƵƲƟƧƬƽ ƴƤƳ ƵƱƯ πƤƲƤπƟƯƺ πƢƯƤƭƤ 
ƭƤƬ ƯƤ ƵƱƯ ƴƶΣπƮƪƲƿƴƨƵƨ . 
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ƈ2. ƑƤ ƶπƱƮƱƦƢƴƨƵƨ Ƶƪ ΣƠƴƪ ƵƬΣơ x  ƵƺƯ ΣƬƴƫƿƯ ƵƺƯ 
ƶπƤƮƮơƮƺƯ . 
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ƈ3. ƘƬ πƱƴƱƴƵƽ ƶπƤƮƮơƮƺƯ ƠƸƱƶƯ ΣƬƴƫƽ ƵƱ πƱƮƾ 1000 ₠; 
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ƈ4. ƑƤ ƶπƱƮƱƦƢƴƨƵƨ Ƶƪ ƧƬƤƭƾΣƤƯƴƪ s2 ƵƺƯ ΣƬƴƫƿƯ ƵƺƯ 
ƶπƤƮƮơƮƺƯ ƵƪƳ ƨƵƤƬƲƨƢƤƳ . 

ƐονƟƧƨƳ 8  
 

ƌƉƐƆ ε 

εƢƯƨƵƤƬ ƪ ƴƶƯƟƲƵƪƴƪ 2f (x) (x 2) (x )= − +α , x∈ , α . ∈
ε1 .  ƑƤ ƤπƱƧƨƢưƨƵƨ ƽƵƬ ƪ πƤƲƟƦƺƦƱƳ  ƵƪƳ ƴƶƯƟƲƵƪƴƪƳ f ƨƢƯƤƬ 

, x'f (x) (x 2)(3x 2 2)= − + α − ∈ . 
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ε2 .  ƑƤ ƥƲƨƢƵƨ ƵƱƯ ƤƲƬƫΣƽ Ƥ , ƤƯ ƪ ƴƶƯƟƲƵƪƴƪ  f πƤƲƱƶƴƬƟƩƨƬ  
ƤƭƲƽƵƤƵƱ ƴƵƱ x0=4. 
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ε3 .  ΓƬƤ Ƥ=-5, ƯƤ ΣƨƮƨƵơƴƨƵƨ Ƶƪ ƴƶƯƟƲƵƪƴƪ  f ƺƳ πƲƱƳ Ƶƪ 
ΣƱƯƱƵƱƯƢƤ ƭƤƬ ƯƤ ƥƲƨƢƵƨ ƵƱ ƨƢƧƱƳ ƭƤƬ ƵƬƳ ƵƬΣƠƳ ƵƺƯ 
ƤƭƲƱƵƟƵƺƯ .  
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ε4. εƢƯƱƯƵƤƬ  ƱƬ ƴƶƯƤƲƵơƴƨƬƳ g(x)=3x2-12x,  ƭƤƬ 
h(x)=6x-24, . ƑƤ ƥƲƨƢƵƨ ƵƱ ƨΣƥƤƧƽƯ ƵƱƶ ƸƺƲƢƱƶ ά , 
πƱƶ πƨƲƬƭƮƨƢƨƵƤƬ  Ƥπƽ ƵƬƳ ƦƲƤƷƬƭƠƳ  πƤƲƤƴƵƟƴƨƬƳ ƵƺƯ 
ƴƶƯƤƲƵơƴƨƺƯ  g(x) ƭƤƬ h(x). 

x∈
x∈
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ƓεƋƈƍƉƗ ƈƍƆ ƘƓƙƗ ƉƒƉƘƆƊƓƐƉƑƓƙƗ 

1. ƗƵƱ ƵƨƵƲƟƧƬƱ ƯƤ ƦƲƟƹƨƵƨ ΣƽƯƱƯ ƵƤ πƲƱƭƤƵƤƲƭƵƬƭƟ (ƪΣƨƲƱΣƪƯƢƤ, 

ƨưƨƵƤƩƽΣƨƯƱ ΣƟƫƪΣƤ). ƑƤ Σƪν ƤνƵƬƦƲƟƹƨƵƨ ƵƤ ƫƠΣƤƵƤ ƴƵƱ 

ƵƨƵƲƟƧƬƱ. 

2. ƑƤ ƦƲƟƹƨƵƨ ƵƱ ƱƯƱΣƤƵƨπƿƯƶΣƽ ƴƤƳ ƴƵƱ πƟƯƺ ΣƠƲƱƳ ƵƺƯ 

ƷƺƵƱƤƯƵƬƦƲƟƷƺƯ ƤΣƠƴƺƳ ΣƽƮƬƳ ƴƤƳ πƤƲƤƧƱƫƱƾƯ. εƨν 

ƨπƬƵƲƠπƨƵƤƬ νƤ ƦƲƟƹƨƵƨ ƭƤΣƬƟ ƟƮƮƪ ƴƪΣƨƢƺƴƪ. ƎƤƵƟ ƵƪƯ 
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ƤπƱƸƿƲƪƴơ ƴƤƳ ƯƤ πƤƲƤƧƿƴƨƵƨ ΣƤƩƢ Σƨ ƵƱ ƵƨƵƲƟƧƬƱ ƭƤƬ ƵƤ 

ƷƺƵƱƤƯƵƢƦƲƤƷƤ. 

3. ƑƤ ƤπƤƯƵơƴƨƵƨ ƴƵο ƵƨƵƲƟƧƬό ƴƤƳ ƴƨ ƽƮƤ ƵƤ ƫƠΣƤƵƤ. 

4. ƑƤ ƦƲƟƹƨƵƨ ƵƬƳ ƤπƤƯƵơƴƨƬƳ ƴƤƳ ΣƽƯƱƯ Σƨ ΣπƮƨ ơ ΣƽƯƱƯ Σƨ ΣƤƾƲƱ 

ƴƵƶƮƽ ƤƯƨưƢƵƪƮƪƳ ΣƨƮƟƯƪƳ.  

5. ƎƟƫƨ ƤπƟƯƵƪƴƪ ƵƨƭΣƪƲƬƺΣƠƯƪ ƨπƬƴƵƪΣƱƯƬƭƟ ƨƢƯƤƬ ƤπƱƧƨƭƵơ. 

6. εƬƟƲƭƨƬƤ ƨưƠƵƤƴƪƳ: ƵƲƨƬƳ (3) ƿƲƨƳ ΣƨƵƟ Ƶƪ ƧƬƤƯƱΣơ ƵƺƯ 

ƷƺƵƱƤƯƵƬƦƲƟƷƺƯ. 

7. ΧƲƽƯƱƳ ƧƶƯƤƵơƳ ƤπƱƸƿƲƪƴƪƳ: 10.00 π.Σ. 

 

KƆƏƋ ƉƔƍƘƙΧƍƆ  

ƘƉƏƓƗ ƐƋƑƙƐƆƘƓƗ 


