APXH 1HY YEAIAAY - T" HMEPHXIQN

ENANAAHNTIKEZ NMANEAAAAIKEZ EZETAZEIX
" TAZHZ HMEPHZIOY FENIKOY AYKEIOY
NMEMINTH 13 IOYNIOY 2013
EEETAZOMENO MAOGHMA:
MAOHMATIKA OETIKHZ KAl TEXNOAOTIKHZ KATEYOYNZHZ
2ZYNOAO ZEAIAQN: MNMENTE (5)

OEMA A

A1.

A2.

A3.

A4.

Av uia ouvdaptnon f eivar mapaywyioiyn oe éva onupeio X, , va
amodeifete 0TI n f eival cuvexng oto onueio auTo.

Movadeg 7
Na diatutTtwoeTe TO0 Bewpnua Tou Fermat.

Movdadeg 4
‘Eotw pia ouvdaptnon f opiopévn oe éva didotnua A. Moia onueia
AéyovTtal kpioiua onueia 1ng f;

Movdadeg 4

Na xapakrtnpicere T1I¢ TPOTACEIC TOU akoAouBouv, ypdeovra¢ oOTo
TETPGOI6 oa¢ OimAa OT0 ypduua TTOU QVvTIOTOIXEl O KABe mporaon 1n
Aéén Zworo, av n mpdoraon €ivar cworn, N Aa@og, av n mporaon Eivai
AavBaouévn.

a) lNa otmolovdNTTOTE PIYAdIKO aplOud Z 1oXUEl ‘2‘=‘—Z‘
(novadeg 2)

B) Av uia ouvaptnon f civar 1-1 oT1o medio opiopol Tng, TOTE

UTTAPXOUV Onueia TNG YPA@IKAG TapdaoTtaong tng f pe tnv idia
TETAYHEVN.

(novadeg 2)

y) Av lim f(X) =—00 , 16T lim (—f(X)) = 400

X—Xg X—Xg

(Movadeg 2)
8) lNa dvUo omoieagdAmoTe ocuvaptioelg f,g mapaywyioiueg oto Xo

IOXUEL:
(f 9),(’(0) =1'(%,)9(x0) = (%) g'(%,)
(Movadeg 2)

€) Av pia ouvaptnon f eivar ouvexnc oe éva didotnua A kar dev

undeviletal oe autd, 161e n f diatnpei Tpoéonuo oto didoTnua A.
(novadeg 2)

Movadeg 10

TEAOX 1H> AIIO 5 ZEAIAEX
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OEMA B

OewpouUpe TOUG PIYadIkoug aplBuoug Z, W yid TOUG OTToioug n e&¢iowaon

2x* —|w-4-3i|x=-2|z|, xeR

éxel yia dITTAA pica, Tnv X =1

B1. Na amodeifete 0TI 0 YEWUETPIKOG TOTTOC TWV €IKOVWYV TWV Z OTO HIYadIKO
emiTedo gival KUKAOG PE KEVTPO TNV apxXA Twv afdvwv Kal akTiva p, =1,
KaBwg €TTioNg OTI O YEWMETPIKOG TOTTOG TWV €IKOVWV TWV W OTO PIYadiko
emimedo eival kUkAog pe kévipo K(4,3) kal aktiva p, =4

Movadeg 8

B2. Na amodeigete 611 uTdpyel PoOvadIKOG pIyadikdg aplOudg, n €iIkova Tou
OTTOioU AVAKEI KAl 0TOUG OUO TTAPATTAVW YEWMPETPIKOUG TOTTOUG.

Movdadeg 5

B3. Tlia Toug mapatmdvw piyadlkoug apiBuyoug Z, W TOoU gpwTnuatog B1 va
atrodeieTe OTI:

z-w|<10 ka1 |z+w|<10
Movadeg 6
B4. A1 Toug mapamdvw MIyadikoug aplbuoug Z Tou gpwTApaTto¢ B1 va
BpeiTe ekeivoug, yla TOUG OTToiOUG IOXUEL:
27°-3z-27Z|=5
Movadeg 6
OEMA T

‘Eotw n mapaywyioiuyn ouvaptnon f:R =R yia 1nv omoia 1ox0ouv:

o 2xf(x)+x*(f'(x)-3)=-f"(x) yia k68e xeR

. f(1)=%

TEAOX 2H> AIIO 5 ZEAIAEX
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M. Na amodeifeTe OT1I:

Kal oTn ouvéxela 611 n ouvaptnon f eivar yvnoiwg av€ovoa oto R

Movdadeg 6

F2. Na Bpeite TIC ACUPTITWTES TNG YPAQPIKAS TTapdoTaong ¢ ouvdaptnong f
TOU gepwTApaTog M.

Movadeg 4

3. Na AUoeTe 01O OUVOAO TWV TTPAYUATIKWY APIOPWY TV aviocwon:
f(5(x* +1)° —8) < f(8(x* + 1))
Movadeg 7
F4. Na amodeigete 11 UTTApXEl éva, TouldyioTov, & € (O, 1) TETOIO, WOTE:

£-¢
I f(t)dt=-¢(3e*-1) f(&° -¢)

0

Movadeg 8

OEMA A

AiveTal ouvapTtnon f:[0,+oo)—>[R 0UO OpEG TTapaywyioiun, ME OUVEXN

0elTEPN TTAPAYWYO OTO [O, +oo), yla TNV otroia 1o0xUouVv:

. f(x)=x+j‘1 I1 %dt du vyia kabe x>0

. f(x)f’(x);tO yia kaBe x>0 «kai f(0)=0

OewpoUue €TTiONG TIGC CUVAPTHOEIG:

Q(X)=m ue x>0 «kai h(X)=(f’(X))3 e x>0

TEAOX 3H> AIIO 5 ZEAIAEX




A1,

A2,

A3.

A4,

APXH 4HY SEAIAAY - " HMEPHXIQN

Na atrodeieTe OTI:
2
f(X) f"(x)+1=(f’(x)) yia kG8e x>0
Movdadeg 4
a. Na Bpeite To Tpdonuo Twv cuvaptioewv f kar f' oTo (O, +oo)
(novadeg 4)
B. Na amodeifete OTI f'(O) =1
(Movadeg 3)
Movadeg 7
Aedopévou OTI n ouvapTnon g Eival KUpTR OTO (O, +oo), va atmmodeigeTe
oTI:
a. g(X)Z 2-X  yia kabe Xe(0,+oo)

(Movadeg 2)
’

B. (2—x) f(x)dx < 1

0
(Movadeg 4)

Movadeg 6

Na Bpeite 10 g¢ufaddv Tou Xwpiou TTOU TTEPIKAEIETAlI ATTO TN YPOAQIKNA

mapdotaon Tn¢ ouvdptnon¢ h, tov d€ova XX kai 1i¢ euBeiec x =0 kai

x=1
Movadeg 8

OAHTIEY (yia Touc eEeTalopuévouc)

270 eCWQUAAO TOU TETPpAdiou VA YPAWETE TO €LETAlOPEVO NABNUA. 2TO

ECWQPUAAO TAVW-TTAVW VA CUUTTANPWOETE TA ATOMIKA OTOIXEia padbnTA.

2TNV_apXN TWV ATAOVIACEWYV 00¢ VA YpAaywere TAVW-TTAVW TNV
nuepopnvia kar 170 €&eTaldpevo paBnua. Na pnv avTiypaweTte Ta
BépaTta OTO TETPAJIO KAl VA PNV VPAWETE TTOUBEVA OTIG ATTAVTACEIG
oag 10 6voud C0ag.

Na ypAWETE TO OVOUATETTWVUNO 0AG OTO TTAVW PEPOG TWV GWTOAVTIYPAPWV
auéowg POAIGC oag TTapadoBoulv. Tuxdv onuelwoel§ 0ag TTAVW oTa Béuata
dev Ba BabuoAoynBouv oe kKayia TTepimTwon. Katd tnv amoxwpnon oag
Vo TTOPOdWOoETE Padi e TOo TETPADIO KAl TA QWTOAVTiypaga.

TEAOX 4H> AIIO 5 ZEAIAEX
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Na amaviAoeTe 010 TETPAdIO oag 0 OAa Ta BEuaTa HOVO PE UTTAE N
MOvVOo pe paupo OTUAG pe peAdvi Tou dev oPrivel. MoAUBI emiTpéTTeTal,
Kal JOVO yIa TTiVOKEG, OIQAYPAUMATA KATT.

KaBe atrdvinon €mMIOCTAPOVIKA TEKPUNPIWHPEVN €ival aTTOOEKTH.

Aidpkela eEétaong: Tpelg (3) wpeg deETAG TN dlavoun  Twv
PWTOoAVTIYPAPWYV.

Xpovog duvatAg ammoxwpnong: 18:00

KAAH ENITYXIA

TEAOZ MHNYMATOZ

TEAOX SH> AIIO 5 ZEAIAEX




